High Temperature Assessment of
K-Tl Binary Liquid Alloy
N. Panthi, I. B. Bhandari, R. C. Pangeni, I. Koirala

Journal of Nepal Physical Society
Volume 6, Issue 2, December 2020
ISSN: 2392-473X (Print), 2738-9537 (Online)

Editors:
Dr. Binod Adhikari
Dr. Bhawani Joshi
Dr. Manoj Kumar Yadav
Dr. Krishna Rai
Dr. Rajendra Prasad Adhikari
Mr. Kiran Pudasainee

JNPS, 6 (2), 20-25 (2020)
DOI: http://doi.org/10.3126/jnphyssoc.v6i2.34850

Published by:
Nepal Physical Society
P.O. Box: 2934
Tri-Chandra Campus
Kathmandu, Nepal
Email: npseditor@gmail.com

JNPS 6 (2): 20-25 (2020)
ISSN: 2392-473X (Print), 2738-9537 (Online)

Research Article © Nepal Physical Society
DOI: http://doi.org/10.3126/jnphyssoc.v6i2.34850

High Temperature Assessment of K-Tl Binary Liquid Alloy
N. Panthi1, 3, I. B. Bhandari1, 2, R. C. Pangeni3, I. Koirala1, *
1
Central Department of Physics, Tribhuvan University, Kirtipur, Nepal
2
Department of Applied Sciences, Institute of Engineering, Tribhuvan University, Nepal
3
Department of Physics, Patan Multiple Campus, Tribhuvan University, Nepal
*Corresponding Email: iswar.koirala@cdp.tu.edu.np
Received: 28 September, 2020; Revised: 17 November, 2020; Accepted: 27 December, 2020

Abstract
Theoretical study of thermodynamic properties of binary liquid Potassium-Thallium alloy at
temperatures 798 K, 1000 K, 1200 K and 1400 K have been analyzed as a function of
concentration by considering temperature dependent exponential interaction parameters in the
framework of R-K polynomials. The viscosity and surface tension of the alloy have been
studied by BBK model and improved derivation of Butler equation respectively. The study
provides the information of moderately interacting as well as segregating nature at the low
concentration of Thallium and ordering nature at high concentration of Thallium and the
viscosity and surface tension of the alloy decrease with increase in temperature.
Keywords: Exponential interaction parameters; R-K Polynomial; Ordering nature; Artefact.
(artefact or T-artefact) in some binary alloys during
the study of different properties at higher
temperatures using such linear interaction
parameters [7, 8]. In order to remove such artefact
different attempts have been done. Mainly two
models are proposed within the framework of R-K
polynomials; exponential model [9] and extension
of linear model by exponential term [10].
According to the exponential model the interaction
parameters are exponentially dependent on
temperature and are effective to remove artificial
miscibility gap caused by the linear interaction
parameters. Similarly the second model which is
usually denoted by “LET function” contains linear
as well as exponential terms with four semi
empirical parameters but two of them are fixed for
all binary systems. It claims that the exponential
model can lead to a low –T artefact [11].
The present work aims to develop temperature
dependent exponential interaction parameters in the
frame work of R-K polynomials according to model
given by Kaptay [9] and use them to study the
thermodynamic, structural, transport (viscosity) and
surface properties (surface tension and surface
concentration) of K-Tl liquid alloy at temperatures
798 K, 1000 K, 1200 K and 1400 K respectively.
The computed values of excess Gibbs free energy

1. INTRODUCTION
Traditional models of binary liquid alloy [1-4] can
give the information of different properties of the
alloys near their melting temperature and the model
that provides information of the thermodynamic
properties of alloys near melting temperature may
not necessarily predict these properties at other
higher temperatures. On the other hand the various
properties of the alloys in liquid state are studied in
metallurgy for high temperature applications.Thus
the knowledge of mixing nature of components
forming alloys at higher temperatures is considered
a great interest to the metallurgical science.
However, the investigation of alloys remains
incomplete due to time constraint as well as
experimental difficulties at all temperatures.
Generally the Redlich – Kister equation [5] is used
for the understanding of thermodynamic behavior
of binary alloy at higher temperatures which is
mainly based on the temperature dependent linear
interaction energy parameters (which are often
known as R-K polynomials) and hence the
temperature dependent linear interaction parameters
of different alloys have been developed [6] for the
theoretical investigation of liquid alloys at different
temperatures. However there arises miscibility gap
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of mixing, enthalpy of mixing, concentration
fluctuation in long wave length limit and activity of
each component at 798 K are compared with
available experimental values [12]. Similarly
surface tension and the viscosity at afore mentioned
temperatures are studied by the improved
derivation of the Butler equation [13] and BBK
(Budai-Benko-Kaptay) model [14]. Due to lack of
experimental values, the result of latter two models
cannot be compared.

............................................. (7)
Where
and
are semi-empirical
parameters.
Solving equations (5), (6) and (7), the relations for
enthalpy and excess entropy of binary liquid alloy
are given below.

(8)

Theoretical basis
The relationship between the excess Gibbs free
energy (
, enthalpy ( ) and excess entropy
of mixing (
) of binary liquid alloy is given by
standard relation as

........ (9)
The activities
of components of the alloy are
related to their respective partial excess Gibbs
energies
as [15]

....................................... (1)

.............................................. (10)

The Gibbs free energy of binary liquid alloy is
calculated by R-K equation as [5]

The partial excess Gibbs energy of
component
of alloy is related to the Gibbs energy of mixing by
the following relation [16].

........................ (2)
Where
and
are concentration of the
components of the alloy and
is ith temperature
dependent linear interaction parameter between two
components of alloy known as R-K polynomial. It
can be expressed as

................ (11)
Where,
is Kronecker delta function.
The structural behavior of alloy can be theoretically
explained in terms of the concentration fluctuation
in long wavelength limit (
which is derived
from standard relation as [17]

.................................................... (3)
Where
the enthalpy is like semiempirical coefficient and
is entropy
like semi-empirical coefficient of R-K Polynomials.
From equation (2) and (3),

................................... (12)

.......... (4)

Where
is Gibbs free energy of mixing. After
finding the relation of Gibbs free energy of mixing
(
in terms of interaction parameters and
substituting in equation to (12), we get

Comparing equations (1), and (4), we get
............................. (5)
and
.......................... (6)

............................ (13)

According to Kaptay [9, 11] the temperature
dependent exponential interaction parameters of
binary alloy are given as,

The value of
can be obtained by using
experimental observed activities with the help of
following equation (14). Hence, the values of
21
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obtained from this equation are called as
experimental values.

...................................... (17)
Where
, and
are geometrical constant,
molar mass , density of each pure element at its
melting point, geometrical constant and Avogadro’s
number respectively. The value of geometrical
constant is expressed as,

.....(14)
The mixing nature of molten alloy can also be
studied at the microscopic level in terms of
viscosity which gives idea about atomic transport
properties. The viscosity of the alloy is studied by
using BBK model which is given as

..................................................... (18)
Where
and are volume packing fraction and
surface packing fraction respectively. Their values
are based on the crystal structure type of every pure
component of alloys.
The density and surface tension of each pure
component of the alloy at temperature T are
expressed as [19],

.......................(15)
Where, A and B are constants whose values are
and
respectively, q is semi empirical parameter having
value equal to 25.4.Similarly
, ,
,
and R
respectively molar mass, molar volume, effective
melting temperature of constituent elements of the
alloy (i=1, 2), excess volume of the alloy and
universal gas constant.
The surface tension ( of binary alloy is given by
the improved Butler equation as

....................................... (19)
....................................... (20)
Where ,
are density, surface tension of each
component at its melting point and melting
temperature of each component respectively.
Similarly
and
are temperature derivatives of
density and surface tension respectively.

...................(16)
Where
,
are surface tension of pure liquid
metal, molar surface area of pure liquid metal and
partial molar surface area of component i
respectively.
and
are partial excess free
energy of mixing in the surface and bulk of
constituent elements of the alloy respectively.
The molar surface area of pure component i is
given as [18].

3. RESULT AND DISCUSSION
The temperature dependent exponential interaction
parameters are optimized for liquid K-Tl alloy from
the observed values of enthalpy of mixing and
excess entropy of mixing [12] in the framework of
R-K polynomials using equations (3) and (7). The
parameters thus obtained are given in the following
table (1).

Table 1: The optimized temperature dependent exponential
interaction parameters of liquid K-Tl alloy.
parameter
exponential

K0

K1
-4

-46405.3exp(-7.78x10 T)

K2
-5

-13854.5exp(-6.72x10 T)

The exponential interaction parameters optimized
in this way are used to compute the excess Gibbs
energy, enthalpy and concentration fluctuation in

-27718.38exp(2.26x10-3T)

long wavelength limit of mixing at 798 K, 1000
K, 1200 K and 1400 K. The computed value of
excess Gibbs energy of mixing at 798 K is good
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agreement with experimental result whereas
enthalpy of mixing at 798 K is reasonable
agreement with experimental value. But both
become less negative with increase in
temperature as shown in figures 1 and 2.

of
versus concentration of
figure (3).

is shown in

Fig. 3: Concentration fluctuations in long wave limit
versus concentration of Tl of liquid binary K-Tl alloy

The figure shows that the theoretical value
of
lies above ideal value of
about
0.25 concentration of thallium at all temperatures
and hence the alloy shows segregating nature
within this concentration but it lies below ideal
value of
beyond 0.25 concentration of
thallium, which is the indication of ordering nature
of the alloy but the segregating and ordering
tendency of the alloy try to change with increase in
temperature.
The partial excess Gibbs energy of each component
computed by equation (11) is used to find the
activity of each component in equation (10). The
activities of components K and Tl computed by
using exponential interaction parameters at
temperature 798 K, 1000 K, 1200 K and 1400 K are
shown in figure 4.

Fig. 1: Excess Gibbs free energy of mixing versus
concentration of Tl of liquid binary K-Tl alloy.

Fig. 2: Enthalpy of mixing versus concentration of Tl of
liquid binary K-Tl alloy

The concentration fluctuation in long wave limit
(
) is considered as one of the important
Functions for the study of nature of atomic
arrangement of the binary liquid as it removes
difficulties in the diffraction experiment [17]. For a
given concentration if
, the alloy
has complex formation nature while
) indicates the segregating nature. The
theoretical values of
at different
concentrations of thallium using exponential
interaction parameters is obtained from equation
(13). The plot of theoretical along with ideal values

Fig. 4: Activity versus concentration of Tl of liquid binary
K-Tl alloy
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The equation (15) is used for the theoretical value
of viscosity of the alloy at different temperatures.
The molar volume of each component of the alloy
at different temperatures is determined by
computing the densities at respective temperatures.
The values of densities of each component at
aforementioned temperatures are found from
relation given in equation (19). Due to lack of
experimental value, the excess molar volume
is taken as zero. The viscosity of the alloy
decreases with the increase in temperatures as
shown in the figure 5.

of thallium and surface tension of the alloy versus
concentration of thallium are shown in figures (6)
and (7) respectively.

Fig. 6: Surface concentrations versus concentration of Tl
of liquid binary K-Tl alloy

Fig. 5: Viscosity versus concentration of Tl of liquid
binary K-Tl alloy

To calculate the surface tension of
alloy the
surface tension of individual metals are calculated
at different temperatures by using equation (20).
The bulk excess free energy of individual
potassium and thallium in liquid state at above
temperatures are obtained by using equation (11).
The geometrical structure factor and ratio of surface
excess free energy to the bulk
Excess free energy (

Fig. 7: Surface tension versus concentration of Tl of
liquid binary K-Tl alloy

Figure (6) tells that the surface concentration of
thallium increases with its increase in concentration
and also increases with increase in temperature
because it has higher density than potassium. As it
gets energy it tries to vibrate or move towards the
surface at higher temperatures. Similarly in the
figure (7) the surface tension of the liquid alloy
decreases with increase in temperature which is
usual behavior.

are considered 1.061 and

0.818 respectively [19, 20]. In the case of negligible
or unknown excess molar volume of the mixture,
the partial molar volume is replaced by the molar
volume of same component so that the partial
surface area (
is obviously replaced by surface
area ( ) of the same pure component [21-23].
Now writing these values to both metals in equation
(15) and solving them simultaneously, we first
obtain surface concentrations of both metals and
then using each surface concentration of
corresponding metals, the surface tension of the
alloy is obtained. The plots of surface concentration

4. CONCLUSION
The present study is the theoretical analysis for the
understanding of thermodynamic behavior of
binary liquid K-Tl alloy at 798 K, 1000 K, 1200 K
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and 1400 K by using temperature dependent
exponential interaction parameters in the
framework of R-K polynomials. The theoretical
study shows that the alloy exhibits segregating
tendency below about 0.25 concentration of Tl and
order tendency above about 0.25 concentration of
Tl at all temperatures which become weaker with
increasing temperature. The viscosity and surface
tension of the alloy decrease with the increase in
temperature which are usual behavior of materials.

[11]
[12]

[13]

[14]

ACKNOWLEDGEMENTS
We wish to acknowledge the University grants
commission Nepal for the research grant.
[15]

REFERENCES
[1]

[2]

[3]

[4]

[5]

[6]

[7]

[8]

[9]

[10]

Bhatia, A. B. and March, N. H. Size effects,
peaks in concentration fluctuations and liquidus
curves of Na-Cs. Journal of Physics F: Metal
Physics, 5(6): 1100 (1975).
Bhatia, A. B. and Singh, R. N. Thermodynamic
properties of compound forming molten alloys in
a weak interaction approximation. Physics and
Chemistry of Liquids
an International
Journal, 11(4): 343-351 (1982).
Bhatia, A. B. and Singh, R. N. A quasi-lattice
theory
for
compound
forming
molten
alloys. Physics and Chemistry of Liquids an
International Journal, 13(3): 177-190 (1984).
Singh, R. N. and Mishra, I. K. Conditional
probabilities and thermodynamics of binary
molten alloys. Physics and Chemistry of
Liquids, 18(4): 303-319 (1988).
Redlich, O. and Kister, A. T. Algebraic
representation of thermodynamic properties and
the classification of solutions. Industrial &
Engineering Chemistry, 40(2): 345-348 (1948).
Ansara, I.; Dinsdale, A. T. and Rand, M. H.
COST 507. Thermochemical database for light
metal alloys, 2: 75-78 (1998).
Gohivar, R. K.; Yadav, S. K.; Koirala, R. P. and
Adhikari, D. Assessment of thermo-structural
properties of Al-Fe and Fe-Si alloys at high
temperatures. Physics and Chemistry of Liquids,
1-11 (2020).
Chen, S. L.; Daniel, S.; Zhang, F.; Chang, Y. A.;
Oates, W. A. and Schmid-Fetzer, R. On the
calculation of multicomponent stable phase
diagrams. Journal of phase equilibria, 22(4): 373378 (2001).
Kaptay, G. A new equation for the temperature
dependence of the excess Gibbs energy of
solution phases. Calphad, 28(2): 115-124 (2004).
Liang, S. M.; Wang, P. and Schmid-Fetzer, R.
Inherently consistent temperature function for

[16]

[17]

[18]

[19]
[20]

[21]

[22]

[23]

25

interaction parameters demonstrated for the Mg–
Si assessment. Calphad, 54: 82-96 (2016).
Kaptay, G. The exponential excess Gibbs energy
model revisited. Calphad, 56: 169-184 (2017).
Hultgren, R.; Desai, P. D.; Hawkins, D. T.;
Gleiser, M. and Kelley, K. K. Selected values of
the thermodynamic properties of binary alloys.
National Standard Reference Data System (1973).
Kaptay, G. Improved derivation of the Butler
equations for surface tension of solutions.
Langmuir, 35(33): 10987-10992 (2019).
Budai, I.; Benkő, M. Z. and Kaptay, G.
Comparison of different theoretical models to
experimental data on viscosity of binary liquid
alloys. In Materials science forum. Trans Tech
Publications Ltd, 537: 489-496 (2007).
Singh, R. N. and Sommer, F. Segregation and
immiscibility in liquid binary alloys. Reports on
Progress in physics, 60(1): 57 (1997).
Egry, I.; Holland-Moritz, D.; Novakovic, R.;
Ricci, E.; Wunderlich, R. and Sobczak, N.
Thermophysical properties of liquid AlTi-based
alloys. International Journal of Thermophysics,
31(4-5): 949-965 (2010).
Bhatia, A. B. and Thornton, D. E. Structural
aspects of the electrical resistivity of binary
alloys. Physical Review B, 2(8): 3004 (1970).
Kaptay, G. A unified model for the cohesive
enthalpy, critical temperature, surface tension and
volume thermal expansion coefficient of liquid
metals of bcc, fcc and hcp crystals. Materials
Science and Engineering: A, 495(1-2): 19-26
(2008).
Brandes, E. A. and Brook, G. B. (Eds.). Smithells
metals reference book. Elsevier (2013).
Kaptay, G. A coherent set of model equations for
various surface and interface energies in systems
with liquid and solid metals and alloys. Advances
in Colloid and Interface Science, 102212 (2020).
Jha, I. S.; Koirala, I.; Singh, B. P. and Adhikari,
D. Concentration dependence thermodynamic,
transport and surface properties in Ag-Cu liquid
alloys. Applied Physics A, 116(3): 1517-1523
(2014).
Singh, B. P.; Jha, I. S.; Koirala, I., Adhikari, D.
The segregating nature of Cd-Pb liquid binary
alloys. Physics and Chemistry of the liquid, 52(4):
457-470 (2014).
Koirala, I. Chemical ordering of Ag-Au alloys in
the molten state, Journal of Institute of Science
and Technology (JIST), 22(2): 191-201 (2018).

